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There is an error in the statement of Lemma 2.1(ii) of this paper, which should be
replaced by:
(ii) eBN and N eB are weakly dense in eB〈N ,B〉 and 〈N ,B〉eB , respectively.
This led to an incorrect argument in Theorem 5.2 to obtain Eq. (5.28), based on the
erroneous assumption that Φ(V ) ∈N . (We refer to the paper for notation and numbering.)
This operator need not lie in N , but it is affiliated to N and is possibly unbounded. If
Φ(V ) = v|Φ(V )| is the polar decomposition, then we must show that
‖1 − v‖2,τ  2‖V − eB‖2,Tr,
from which (5.28) follows immediately. The following argument establishes this inequal-
ity.
For n  1, let en be the spectral projection of |Φ(V )| corresponding to the interval
[0, n]. Then, for n 1, define continuous functions on [0,∞) by
fn(t) =
{
1, 0 t  n,
n/t, t > n,
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that
hn 
{
ek, 1 k  n,
(n/k)ek, 1 n < k,
by comparing the functions fn and χ[0,k]. Then the range of each hn contains the union of
the ranges of the ek’s, and this latter subspace is a core for |Φ(V )| [1, 5.6.15]. Thus, for
each n 1, v is the partial isometry in the polar decomposition
Φ(V )hn = v
∣∣Φ(V )hn∣∣ = v∣∣Φ(V )∣∣hn,
and these terms are bounded operators in N since the functions tfn(t) are bounded on
[0,∞). By Lemma 4.1(iii), which applies to the polar decomposition of bounded operators,
we have
‖1 − v‖2,τ  2
∥∥1 − Φ(V )hn∥∥2,τ = 2
∥∥eB − eBΦ(V )hn∥∥2,Tr = 2‖eB − eBV hn‖2,Tr
 2‖eB − eBV ‖2,Tr + 2
∥∥eBV (1 − hn)∥∥2,Tr.
The sequence {(1 − hn)2}∞n=1 tends strongly to 0, and the normality of Tr then shows that
lim
n→∞
∥∥eBV (1 − hn)∥∥22,Tr = limn→∞ Tr
(
eBV (1 − hn)2V ∗eB
) = 0.
Letting n → ∞ above, and recalling that eBV = V , we obtain ‖1−v‖2,τ  2‖V −eB‖2,Tr,
and (5.28) is now valid.
For reference [13] the authors are incorrectly listed and should be replaced by S. Popa
and D. Shlyakhtenko.
This paper is available at the MathArchiv (math.OA/0305444). The reader may consult
there a revised version (using slightly different notation) with more extensive details for
this correction.
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